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saw Metin with htpy afboaters
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where ATM I SmxSn m

has Rj has a right htpy inverse

This is reminiscent to something from
rational htpy theory

Def Rationalize spacesand naps A cell
attachment

sn l I x I Y 8 Ve

The map f is inert if Gj is an

epimorphism

Est Smt t smug I smash
T
whitehead



product

g is an epimorphism f is inert

Ex Halperin Lemaire Let M be a closed
oriented manifold Then the attaching
map for the top all

gn I Mm In M

is inert

Observe Rx Is Ry

Rationally ax NY are htpy equivalent
to products of spheresand loops on spheres

Gj is an epimorphin

implies rj has a righthtpy inverse

This suggests the definition of inert map
can be generalised

Def Integral spares consider a htpy cofibration
of i connected spares



of w ed spares

A Is X Is Y

The map f s inert if Rj has a right
htpy inverse

Ey M I connected n dimensional PD complex
in Mn F htpyaf.is

sn t I smugn mu Is M

where Rj has a right htpy inverse
so f is inert

We'll use this to study connected sums

Generally M N is important in geometry
but hard to handle in htpy theory
Nevertheless it is natural to ask about

IT M N

In the manifold case if M N are

n dim oriented closedmanifolds then
I htpy cofbrations
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Sh I Mn i M

sht I Nn i N

The connected sum satisfies a htpy cofbration
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Generalize

Def Suppose I htpy afibrations Et I 84M

EA 9 Y N The annetedsumorers

is given by the htpy cofbration
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This Suppose I htpy afibratrons EA tr M

EA Y N If f is inert then

Rl mean tamerlan y

Stg is inert

I htpy fibration
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RLMEGAN S IVY MEAN

that splits after looping

PI Argument due t Sebastian Chenery

Consider the htpy pushart
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q pinch nap q e inducedmap

q has a right htpy inclusion

Rj has a right htpy inverse because
f is inert
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XX
try



in

so ng has a right htpy inverse

CByCor C I htpy fibration
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and a htpy equivalence
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This provespart

The naturality property gives a htm
sit dorm
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Ri has a right htpy inverse



fig is inert

Then Cor C also gives a htpy fib

RLM EAN Sh a VVY A M EA N

that splits after looping a

special case connected sums of n din
closed oriented manifolds

Cofibrations sht Inn i m
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Tf f is inert the

rim NI am a clam Nm

Ey Inertness condition holds f or is

an e l connected In dim unfed
n418,87 and H M Ead far dz2

Then let N be
any

closed oriented
n dim mnfld l connected

Then get damp for R MAIN
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